Portal Room:

The party needs to solve a riddle in order to find the secret entrance to the attached cave system (mend or rebuild the broken pillar to open a secret door behind it). Some clues are scattered around the room (The eyes of the statues all look into the direction; there is a slight draft coming from the hidden passage; etc) and can be found through investigation.

Glowing Ice Cave:

Once inside the cave system, they enter a large room with glowing lights under the ice surface. A sign reveals a clue on how to traverse the room without triggering the traps: "Don't stray from your path". This means that they have to walk straight ahead until they reach the wall on the other (right) side. There is a small engraving there that reads "March straight to your destination", which means they have to take a diagonal straight line to the exit of the room. If the characters step on any other section of the ice, frosty fingers shoot out from below to grip them, dealing cold damage.

Room with the big pillar:

In this room a fight against some elemental ice monsters takes place. Three of them are placed behind the cave pillar, one is in the open to lure the party in. The bait retreats behind the pillar as soon as it spots the PCs and lays an ambush for any Leroy Jenkins characters there.

Intersection with abyss:

A closer inspection reveals that the abyss is a trap. Option 1: the edges turn into slides and players who slide down will have to try to hold on to rock formations and wait for the rest of the party to save them. Option 2: something evil is lurking below and trying to catch and drag down anyone jumping or flying over. The party members will have to help by hacking/shooting at the tenctacles.

Large cave room with ice:

An ice golem (stone golem with cold immunity and frost aura) is standing guard there. It is possible (and advised) for the party to sneak past him, as a fight might be too much for them to handle at this point. If they wake him, they'll soon realize that and can try to flee and squeeze through the rocks into the last section.

Cave exit:

The rocks hide the passage to the deeper parts of the cave. The party finds the remains of someone who tried to seek shelter there. There is some firewood left, but all the food and rations have perished a long time ago. This will be a save spot for the party to rest and warm up around a fire before heading out into the cold and unforgiving arctic.